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1. Introduction

The capabilities of presently available general-purpose mathematical software are often strained by the
giant data bases and numerous quantitative relationships characterizing modern large-scale mathematical
models. These strains are reflected in inefficient computational procedures, and in awkward programming
constraints whose satisfaction is time-consuming and likely to generate errors. There is an increasing demand
for software specifically oriented toward these needs of operations-research modelling applications, and a first

priority is an improved capability for handling very large sparse or special-structure matrices.
1.1 Purpose

This paper presents the results of a short study on means for enhancing Standard FORTRAN, as specified
by the American Standards Association (renamed the American National Standards Institute: ANSI), in order
to accommodate the needs of operations research analysts in some of their programming tasks which deal with
large, structured and mostly sparse matrices. These needs arise in the widely used techniques of mathematical
programming and simulation.

The present study did not extend to the point of trial implementation and experimental testing, and
therefore must be understood as representing the investigators’ opinions, based upon prior experience and
“armchair analysis”. In most cases alternatives were considered before deciding upon the syntax presented
below. Some of these alternatives are noted because subsequent study may involve their reconsideration. It
would be premature to aim here at the precision and completeness appropriate in a full-fledged proposal for a
candidate standard. Instead, our goal is to lay out ideas at a level of detail adequate to enable their discussion
by the technical community.

We are aware that some of the topics touched upon below have been discussed extensively, for instance, by
the ANSI FORTRAN committee on previous occasions. Some array computation capabilities have been

* Based on a report (Computer Science Department, VPI, Blacksburg, VA, September 30, 1975) prepared for the National Bureau of Standards, under Purchase Order #600409
10 the Applied Mathematics Division during the Summer of 1975.
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implemented in PL/1. Our focus here, however, is on large sparse and structured matrices —a class of data
structures which to our knowledge have not been discussed previously from the point of view of language
requirements. Last but not least, we aim to identify avenues for much needed research and development,

including experimentation (see section 9.1), following this first step.
1.2 American Standard FORTRAN

It is important to emphasize that this study is concerned with enhancing ANS FORTRAN as a standard and
not with versions which have been produced commercially or otherwise for different processors. Of course,
the recommendations in this report reflect processor considerations, but the primary intent is to comply with
the criteria of the American National Standards Institute of which NBS is a member. It is therefore befitting
that we briefly review elements of ANS FORTRAN with regard to their effect on our study.

Since the inception of FORTRAN (1956), many versions appeared with different processors. In an effort to
provide the first standardized language, the Computer and Business Equipment Manufacturers Association
(CBEMA), secretariat for ANSI, formed a committee to establish a standard FORTRAN. Their specifications
were published in X3.9-1966 (see [2]!, and we call this ANS FORTRAN. Several errors and misconceptions
were rectified in 1969 (see [1]). However, the ANSI FORTRAN Committee (X3J3) recently prepared a
detailed proposal for a new standard. That draft is called FORTREV? in this report.

Perhaps the most significant enhancement in FORTREV is the allowance of character data types plus
associated string processing capability. A second technical change, which appears in FORTREV, is to a PL/
1 type of syntax for specifying index ranges. To accomplish this the colon (:) has been added to the character
set, and we shall use it for similar index referencing.

The ANSI FORTRAN committee has so far decided against the use of dynamic storage allocation (even to
the limited extent found in ALGOL). Their decision stems from a posture on maintaining maximal
independence of the processor (viz., the operating system). Our recommendations include a ‘quasi-dynamic
storage allocation’ capability which may be achieved while maintaining the ANSI posture of independence.

The ANSI FORTRAN committee has also adopted the criterion that compilation should be achievable in
one pass. The syntax presented in this report complies with this requirement as well.

In general, our enhancement to represent and manipulate large, structured matrices conforms with the
former ASA’s criteria as listed in X3.9-1966. This includes “interchangeability of FORTRAN programs
between processors” and “compatibility with existing practice.”

It is important to note that the spirit of ASA’s criteria for enhancement included maintenance of language
style. This is perhaps a subjective and rather vague criterion, but it has influenced the syntax proposed in this
report. At least one less vague derivative from the notion of language style is that of conformance. This is
described in FORTREV, at least with respect to upward compatibility (i.e., a correct program must remain
so, and an incorrect program must produce the same diagnostics). One exception is noted dealing with
optional forms of output, and our enhancement contains a similar exception (see sec. 7).

1.3 Notation

The notation used in this report in describing the form of FORTRAN statements or constructs employs the
metalanguage described in FORTREV. This generally agrees with the metalanguages found in most reference
manuals. In particular, the following conventions are used:

(I) Special characters from the FORTRAN character set, uppercase letters, and uppercase words are to
be written as shown, except where otherwise noted.

(2) Underlined lowercase letters and lowercase words indicate general entities for which specific entities
must be substituted in actual statements. Once a given lowercase letter or word is used in a syntactic
specification to represent an entity, all subsequent occurrences of that letter or word represent the
same entity until that letter or word is used in a subsequent syntactic specification to represent a
different entity.

! Figures in brackets indicate literature references at the end of this paper.
2 Now described in ref. 14.
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(3) Brackets ([ |) are used to indicate one or more optional items.

(4) An ellipsis (-*-) indicates that the preceding optional items may be repeated one or more times in
succession.

(5) Blanks are used to improve readability, but unless otherwise noted have no significance.

The type of elements refers to the type of variable acceptable in ANSI FORTRAN. Currently, there are two
types: (1) arithmetic and (2) logical. (The arithmetic type may be further stratified into integer, real, double
precision and complex.) FORTREV admits a third type: (3) character. The construction of the name of a
matrix identifies its type of elements in the same manner currently applicable to arrays. Since we require
every element of a matrix to be of the same type, we can refer to the ‘type of matrix’ to mean its type of
elements. We use the terms ‘row” and ‘column’ of a matrix in the usual sense, but the manner of accessing a
row, column or element is subject to further specification. Before we do so let us define a trivial element to be
as follows:

Data Type Meaning of Trivial
arithmetic Z€ero
logical false
character blank

Then, we define a matrix to be trivial if all of its elements are trivial.

Next define a submatrix of a matrix to consist of subsets of, respectively, its rows and columns with the
associated elements. Thus, each row (or column) of a matrix constitutes an instance of a submatrix. This
implies a definition of trivial rows and trivial columns.

A two dimensional array is considered a matrix with an implied manner of access which retains current
usage. In particular, trivial elements of arrays are explicitly represented, and we have random access to
elements by index numbers.

In the next section we shall describe a syntax for declaring other manners of access, in which the associated
(packed) matrices do not explicitly represent trivial elements. Basically we can first specify whether we want
to access by row, column or element; then we specify whether the mode is to be sequential or random. The
essential difference is in subsequent speed of computation rather than feasibility of references. An operations
research programmer can acquire a deeper appreciaton for this distinction upon examining the structures for
implementation (see section 8).

In summary, the manner of access is by one of the following:

(1) row

(2) column

(3) element
and the mode is either sequential or random. We emphasize that the reference to ‘sequential” versus ‘random’
is for efficiency considerations, and affects neither a program’s correctness nor its meaning.

We interject the thought that (1) and (2) may be merged into one specification of a dimension when
extending the enhancement to higher dimensional arrays. However, there are some difficulties with regard to
language style and ease-of-use.

An example illustrates the metalanguage. Given a description of the form of a statement as:
CALL sub[(a[, a]:")]
the following forms are allowed:

CALL sub

CALL sub (a)
CALL sub (a, a)
CALL sub (a, a, a)

clch
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2. Extended Terms and Concepts

This section describes the extended terms and concepts associated with the proposed enhancement.
Consideraton is given to differences between the current standard and FORTREV.

2.1 Arrays and Matrices

Current (1966) ANSI FORTRAN defines an array as “an ordered set of data of one, two, or three
dimensions.” FORTREV extends this range to seven dimensions.

Within the context of this study the meaning of “array” is maintained with the following characteristics
noted:

(1) storage in linear list form,
(2) references by index numbers,
(3) no dynamic storage allocation.

Our intention is to provide a new type of array, which we may call a packed array, differing in characteristics
(1) and (2); further, certain syntactical elements and use of intrinsic functions (cf. sec. 5.2) will provide a
“quasi-dynamic storage allocation” (which is processor independent with regard to feasibility).

In this study we shall confine ourselves to packed arrays of two dimensions which we call “matrices.” As
we describe some of the difficulties encountered in achieving the stated purpose, the existence of problems to
be resolved for higher dimensions will become noticeable. (The handling of higher dimensional arrays is cited
in secton 9 as one of the avenues for further study.)

Formally, a matrix is a named collection of data whose elements are referenced by two index values. The
exact nature of the index values, method of storage, types of elements and manners of reference are subjects
described in subsequent sections.

We may note here that the basic attributes of a matrix are:

(1) type of elements
(2) manner of access
(3) effective size.

which we shall mention in secton 3 when introducing the syntax for declaration.

The effective size of a matrix is a dynamic entity represented by a couple, say (m, n), where m and n are
non-negative integers specifying the number of non-trivial rows and non-trivial columns, respectively. We
may thus think of every matrix as infinite dimensional (to have inherent mathematical conformality of
dimensions when performing operations) with the effective size determining storage requirements and speed of
computation. Note this would mean every matrix is a trivial matrix (i.e. a matrix whose elements are all
trivial) when first declared.

2.2 Names

It is often desirable to permit index reference by name rather than by number. This is especially true in
operations research applications, notably in mathematical programming or simulation models. For example,
a column may correspond to an activity of transporting goods from a supplier to a warehouse, perhaps in a
particular time period. In this case it would be desirable to reference the column by the form:

supplier - warehouse * time period.
Specifically, the supplier may be identified by a city name, such as DALLAS, the warehouse may be
identified by a region,say SW, and the time period may be a month, say OCT. Thus, in this case a column
may be referenced by the 3-field name

DALLAS-SW - OCT
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We shall assume FORTREV becomes accepted, at least the allowance of character variables and
expressions. In this case string processing will become a part of ANSI FORTRAN. The only special concern
for this enhancement is the reference to a name of a column or row. This is a set of character variables
associated with every matrix. Specifically, every row and every column has an associated name. Initially, the
names are blank strings; sections 4.6 and 7.1 describe how names can be changed.

We point out that at least one alternative was considered for this report but rejected on stylistic grounds.
That is, it may be useful to the operations research programmer to permit names consisting of n-tuples (where
he specifies the non-negative integer n). This would mean references to a name would appear as n-
dimensional arrays, presenting difficulties, for example, with assignment statements. Also, since FORTREV
allows any subscript range, it may be burdensome for a one-pass compiler to process character expressions
involving names. The decision to represent names as character strings (of one dimension) stems from our
desired compliance with ANSI criteria, which include compatibility with current processors as well as
language style. At present, operations research programmers use one character string to name an entity (such
as an activity) and assume the burden of establishing attribute fields for report writing.

3. Matrix Declaration and Reference

This section describes and illustrates the ways in which matrices are declared and referenced. It includes

the syntax for the declarations.
3.1 Matrix Specification Statement

FORTREV defines nine kinds of specification statements, each of which is nonexecutable. We propose a
tenth specification statement to specify a (packed) matrix. The syntax is as follows:

[d] MATRIX af(o[, o] )], "]
where
d is a data type declaration

a is the name of the matrix

0 1s an option according to the following:

Option Meaning

NAME(n) specifies the names of rows and columns have
lengths not exceeding n characters (default

of nis 6)

SEOUENTIAL BY ROW specifies sequential mode of access by row
Q “ [BY COLUMN (the default) or by column
RANDOM ACCESS specifies random access to rows, columns or

elements

MAXROW = n specifies upper limit (n) on row index number
MAXCOL = n specifies upper limit (n) on column index
number

Before we further describe and illustrate these options, consider the simple declaration:
MATRIX A

which declares a matrix whose name is “A’. Its data type is arithmetic by standard default (in particular, A is
REAL because its name begins with ‘A’). If this were preceded by the specification:

LOGICAL A
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then the data type of A would be logical. The mode of access is random by element (the default). The row and
column names would be limited to six characters apiece, and no limit would be placed on the magnitudes of
row or column index numbers.

Now consider the options listed. First, the data type may be specified in the matrix specification statement
as in declaring arrays. That is, we may write:

LOGICAL A
DIMENSION A(100)

to declare an array of one dimension having data of type logical, or we may write
LOGICAL A(100)

to make the same declaration. In our case we may write

LOGICAL A
MATRIX A

or
LOGICAL MATRIX A

to declare a matrix whose elements are of the logical data type.

The remaining options may be declared in any order. The first of these (as tabulated above) is used to
specify the maximum number of characters (called the length) of the row and column names. Thus, we may
write

MATRIX A(NAME(10))

to specify a maximum of 10 characters in the names.

The next option specifies a sequential mode of desired accessibility. This will not limit feasibility of
random access, such as referencing an element by a random choice of indices in an expression, but it will
affect the consumption of time and space (see section 8). Special input and output statements (see section 7)
are affected by use of this option.

If the option specifying a sequential mode is not used, then a random access by element is assumed as
default. However, if the option specifying sequential mode is used, then it may be desired to specify random
access with respect to row or column identification. This is the purpose of option 3: RANDOM ACCESS. For
example, if the operations research programmer uses the matrix by proceeding sequentially from one column
to the next, then he should specify SEQUENTIAL BY COLUMN and not specify RANDOM ACCESS. This
would be the case in the “ordinary” simplex algorithm. On the other hand, if the program uses the matrix only
by accessing a column at a time, but with the selection of the next column dependent on the data, then both
options, SEQUENTIAL BY COLUMN and RANDOM ACCESS, should be specified. This is exemplified by
the simplex algorithm modified by a data-driven pricing tactic.

The next two options specify automatic testing of effective row and/or column dimensions. If the effective
size would violate this limit during execution, then an ‘index-out-of-range’ error condition would be set.

EXAMPLE 1: MATRIX A(NAME(10)), K

Assuming the program uses no other specification statements, this specifies two matrices. The first has
been named “A’; its data type is arithmetic (REAL), and its mode of access is random by element. The second
matrix has been named ‘K’; its data type is arithmetic (INTEGER), and its mode of access is random by
element. A allows up to 10 characters in a name, but K only allows 6 (the default).

EXAMPLE 2: LOGICAL Y
COMPLEX C
MATRIX Y (SEQUENTIAL BY ROW), C(MAXROW = 100)
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In this example two matrices are specified. The first has been named ‘Y’; its data type is logical, and its
mode of access is sequential by row. The second matrix has been named ‘C’; its data type is arithmetic
(COMPLEX), and its mode of access is random by element; it has an effective row size limit of 100.

3.2 Index and Matrix References

A matrix may be referenced in its entirety by using its name, and this constitutes the simplest matrix
reference. To permit references to submatrices, notably to its rows, columns or elements, an index reference is
used which may be explicit or implicit.

An explicit index reference is of the following form:

(a[:b], ¢[:d])

where
a and ¢ are integer or character expressions or “*’
b is the same type of expression as a or is “*’

d is the same type of expression as ¢ or is ¥

The colon (:) is used for ranging, and the asterisk (*) is used to denote extremes.

In the case of a name range, comparisons are based on collating sequence (as in FORTREV). For example,
if a set of names is {ARK, ALA, LO, TS} then the range ‘ALA:TS’ would reference the entire set, and the
range ‘LO:TS” would reference the subset: {LO, TS}. This same subset would be referenced by ‘L:TZ’ because

it is not necessary that a and b be in the set of names.
EXAMPLE 1: AR*I + 1, )

This references an element of A by evaluating the row number 2*I + 1 and the column number J. (Both are

integer expressions.)
EXAMPLE 2: A(l:K, J)

This references a submatrix by specifying a column number (evaluation of J) and a range of row numbers

(1 to the value of K).
EXAMPLE 3: A(BHABC, 3)

This references the element identified by the row whose name is “ABC” and column number 3. (The same

reference can be made by A(ABC’, 3).)

EXAMPLE 4: A(‘COST, ‘DALNEOCT:*'DALSWOCT’)

This references the submatrix consisting of the one row named ‘COST’ and the columns whose names fall in
the range ‘DALNEOCT’ to ‘DALSWOCT’. For example, if characters 4 and 5 must be one of the strings, “NE’,
‘NW’, ‘SE” or ‘SW’, then the four columns referenced are ‘DALNEOCT’, ‘DALNWOCT’, ‘DALSEOCT’ and
‘DALSWOCT".

EXAMPLE 5: A(4:*, **DALSWOCT)

This references the submatrix consisting of rows 4 to the largest index value (dynamic) and columns whose
names are less than or equal to (in collating sequence) ‘DALSWOCT".
An implicit index reference has at least one of the row/column index references (of form a[:b]) given by an

asterisk (*) or a period (.) with the following meaning:

*  specifies all rows/ columns

specifies row/ column name
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Here are some examples:

A(5, *) references row 5 (i.e. “* specifies all col-
umns)

A*, ]+ 1) references column whose index number is the
evaluation of J + 1’

A(1:10, *) references the first 10 rows of A

A(*, ‘DALNE’:'DALSW’) references all rows and those columns whose
names lie in the range ‘DALNE’ to
‘DALSW’

A(., S) references name of column 5

A(5, .) references name of row 5

A(.,2:J+ 1) references names of columns 2 through the

value of ] + 1’

If an index name cannot be found during execution (i.e. no name match), an ‘index-out-of-range’ error
condition is set. It should be noted that names are treated as character variables; this constitutes a departure
from CBEMA’s style since the data type of the entire matrix need not be of character data type.

We point out that it may be desirable to reference a collection of submatrices specified by a list. This is
exemplified by referencing a basis from a matrix with a list of column numbers (or names). Technically, this

could be achieved, for example by the form:

A, )

where i and j are lists. However, such constructs are not part of ANSI FORTRAN, and arrays would be
needed. This would introduce the need for further identifying which elements of the array are to be used. (To
always use the entire array raises other problems.) This would cause concern over maintaining the language
style. Of course, a subset of columns can be extracted with the use of a DO loop, one column-at-a-time.

4. Matrix Expressions and Matrix Assignment Statements

This section presents an extension of the expression types in FORTREV to permit direct manipulation of
matrices (with two-dimensional arrays treated as matrices of special access structure). The types of matrix
expressions are arithmetic, character, logical, relational and concatenation. The style of such expressions and
associated matrix assignment statements complies with the syntactic style of “scalar expressions” (i.e.
expressions in standard FORTRAN). Reasons for certain restrictions are presented; generally these are used
to resolve certain ambiguities that arise.

In each case the simplest matrix expression is a matrix reference. More complicated matrix expressions
may be formed by use of operators and operands. These depend upon the data type (arithmetic, logical or
character), and all data types (matrices or scalars) must be the same in a matrix expression or a matrix
assignment statement. This agrees with standard FORTRAN usage of expressions and assignment statements.

4.1 Arithmetic Matrix Expressions

An arithmetic matrix expression is used to express a numeric computation involving one or more (sub)
matrices and possibly some scalars. Evaluation of an arithmetic matrix expression must produce an arithmetic
matrix.

To form a matrix expression other than a simple matrix reference, operators are used. These may be unary
or binary, and the operands may each be scalar or matrix. In ANSI FORTRAN the five arithmetic operators
are as follows:
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Operator Representing
* Exponentiation
/ Division
& Multiplication
- Subtraction
4 Addition

The subtraction and addition operators also have unary specifications (e.g. —X is the same as 0—X).
We shall use the same set of operator symbols, but the meaning will depend upon the operands used. Let
A’ and ‘B’ denote matrix references, and let °X” denote a scalar reference in the following:

3

Expression Meaning

AX*X Exponentiate every element of A by X (convention: 0%*0 = ()
AX*B UNDEFINED

X¥*A UNDEFINED

A/X Divide every element of A by X

A/B UNDEFINED

X/A UNDEFINED

A*X Multiply every element of A by X

A*B Matrix multiplication

X*A Multiply every element of A by X

IARESIXS Subtract X from every element of A

X—-A Add X to the negative of every element of A
A—-B Matrix subtraction

ANEEX Add X to every element of A

A+B Matrix addition

X+ A Add X to every element of A

Further, the subtraction operator is used as a unary operator, so —A means to negate every element of A.
Note that since zeroes are not represented, there is no distinction between +0 and —0; this agrees with the
specification in FORTREV.

When both operands are matrices (A*B, A + B or A — B), the issue of conformality arises. Mathematically,
there is a restriction on the relative dimensions. Since a major aspect of this enhancement is to permit
effective sizes which vary during execution, it is not possible to check coformality at compilation without
degrading performance, particularly in a one-pass compiler. By treating the matrices as infinite dimensional
(with trivial rows and columns not explicitly represented) every operation is conformal. If the operations
research programmer wants to perform his own conformality check, he may use intrinsic functions (see section
5) to retrieve the effective size and perform an IF test.

We also considered a condition switch of the form

CONFORMALITY = a

where a specifies the type of conformality test desired in all subsequent matrix expressions. However, this
requires further study to consider types of conformality checks and certain storage features (such as blocking).

Notice that A (or B) and X in the above table of binary expressions may be replaced by arithmetic matrix
expressions and arithmetic scalar expressions, respectively. Further, a matrix expression may reduce to a
scalar value, such as the following inner product between row (I) of A and column (J) of B:

AL, *) *B(*, J).

The result is a 1 X 1 matrix (different from a scalar) but may be assigned to a scalar variable (cf. sec. 4.5).
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4.2 logical Matrix Expressions

The logical matrix expression is formed with logical operators and logical operands (matrix or scalar).
Evaluation of a logical matrix expression produces a matrix of type logical.
The logical operators are:

Operator Representing Priority
.NOT. Negation Highest
.AND. Conjunction Intermediate
.OR. Disjunction Lowest

The operation is element-by-element. Thus, A.AND.B produces a matrix with element (i, j) equal to the
logical value of A(i, j).AND.B(i, j). Similarly, .NOT.A negates A. Use of a logical matrix and a logical scalar
is permitted with the following meaning:

A.OR.X (or X.OR.A) = A.
A.AND.X (or X.AND.A) = A if X = .TRUE. and null matrix if X = .FALSE.

4.3 Character Matrix Expressions

The character matrix expression is formed with character operators and character operands (matrix or
scalar). Evaluation of a character matrix expression produces a matrix of type character.

The only operator is the concatenation, denoted by two slant characters (//). This is to be performed
element-by-element. Thus, A//B produces a matrix whose (i, j) element is A(i, j)//B(, j). If A//X (or X//A) is
used, then the resulting matrix has (i, j) element equal to A(i, j)//X (or X//A(i, j)), respectively.

4.4 Relational Matrix Expressions

A relational matrix expression is used to compare two arithmetic expressions or two character expressions.
In each case at least one must be a matrix expression.

As in FORTREV, relational matrix expressions may appear only within logical expressions. Evaluation of
a relational matrix expression produces a (scalar) result of type logical.

The relational operators are:

Operator Representing
.LT. Less than
.LE. Less than or equal to
.EQ. Equal to
NE. Not equal to
.GT. Greater than
.GE. Greater than or equal to

Operations are on the elements. Thus, the logical value of A.LT.B. is . TRUE. if A(i, j).LT.B(, j) for all (i, j)
such that either A(i, j) or B(i, j) is nontrivial and .FALSE. otherwise.

One of the operands may be a scalar. For example, the logical value of A.LT.O is .TRUE. if every
nontrivial element of A is less than zero; otherwise it is .FALSE.

4.5 Concatenation Matrix Expressions
A concatenation expression 1s used to concatenate two or more matrices of the same type. This is the basic

method by which matrices may be built from smaller matrices. There are three forms of concatenation: row,
column and diagonal.
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The concatenation operators are:

Operator Representing
ADDCOL. Add new column(s)
.ADDROW. Add new row(s)
ADDIAG. Add new (block) diagonal

Both operands must be matrices. A schematic is as follows:

A .ADDCOL. B produces A| B
|
A
A .ADDROW. B produces B
A .ADDIAG. B produces AT
T| B

where T is a trivial matrix. The rows and/or columns of B are renumbered as appropriate in forming the new
matrix.

Notice that conformality always prevails with missing elements interpreted as trivial (O for arithmetic,
.FALSE. for logical and blank for character). This stems from viewing the matrix as quadrant IV with index
numbers for rows and columns running from 1 to infinity. We now describe how negative indices may be
similarly interpreted, resulting in a more flexible construct.

Suppose we wish to form a staircase of the form

where T is a trivial matrix, and n is a positive integer. Let us further suppose we know the contents of N is n.

Then, we could perform
A.ADDCOL.B(—N:*, *)

The matrix reference, B(—N:*, *), says we want the submatrix of B consisting of rows numbered from —N to
the highest row index number and all columns. By interpreting negative row and column values as containing
trivial elements only, this forces renumbering to produce the desired result.

This places some burden on the processor because a negative (numerical) index value ordinarily results in
an “index-out-of-range” error condition (although FORTREV allows negative index numbers in arrays). For
this use in the concatenation operators, negative index values do hold meaning.

We view the “body” of the matrix as having finite effective size, but the matrix implicity has infinite size
from minus infinity to plus infinity in both dimensions. A schematic of this view is as follows:
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% +tg % + Column index

+ A
T T~ Body of A

v )
Row index

Outside the body all elements are trivial.
Thus, the elements in quadrants 1, IT and III may be referenced in the manner just described even though
their values are trivial.

4.6 Matrix Assignment Statement

The matrix assignment statement is of the form
a=e
where a is a scalar variable or a matrix reference and e is a matrix expression. The data types of a and e must
conform as in FORTREV assignment statements.
The matrix assignment statement may be used to convert from one structure to another. For example, if A
is a matrix and X is an array (of two dimensions), then
A=X
packs X (eliminates trivial elements). The reverse is possible with
X=4A4
Similarly, if X has been declared as a column by
DIMENSION X(100, 1)
then this could be augmented to A by

A = A.ADDCOL.X

If a is a scalar variable, then the evaluation of € must produce a matrix whose effective size does not exceed
(1, 1). For example, we may compute the inner product between a row array declared by

DIMENSION PI(1, 100)
and column (J) of matrix A by
DJ = PI(1, *)*A(*, )
In a less obvious situation we may have

D] = PI*X
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At execution time, after PI*X is evaluated, it is determined if this assignment is correct. If the evaluation
of e produces a matrix whose effective size exceeds (1, 1), then an error condition is set by the processor.

The names of the rows and columns of a (when a is a matrix reference) are not determined by e. This
reflects the fact that the operations are on bodies of matrices, and no naming is inherited. Of course, a simple
assignment statement of the form:

assigns the column names of B to the column names of A.
It is appropriate to point out why a matrix expression was defined to require at least one matrix reference.
Consider the assignment

A = B*C

where A is a matrix. If B and C are both scalars, we could interpret the result as a 1 X 1 matrix. However, in
keeping with ANSI FORTRAN style this would overwrite A. We believe this poses a danger in that the
programmer probably did not intend to perform such an overwrite.

One way the programmer could achieve the intended result is to reinitialize A as trivial (see, for example,
sec. 6.2). Then he could name the first row and column, thereby making its effective size (1, 1). Finally, he

could write:
A = A + B*C
5. Functions and Subroutines

FORTREV identifies four categories of procedures: statement functions, intrinsic functions, external
functions and subroutines. Our proposed enhancement extends the references made in FORTREV to ‘variable’

and ‘expression’ to permit ‘matrix’ and ‘matrix expression’ plus some added features.
5.1 Statement Functions

A statement function is defined internally to the (sub) program unit in which it is referenced, and it is of the
following form:

f(alal) =

where f is the function name, a is an argument and e is an expression. In the enhancement f, a or e may be
matrices with the stipulation that if f is a matrix, then e must be a matrix expression (i.e. must contain a
matrix reference).

We also introduce another form of function definition similar to the statement function. Its form is as

follows:
NOTE: {[ (a[, a]-**)] = e

where f is the function name, a is an argument and e is an expression. The form following ‘NOTE: is the same
as a statement function, except it is not necessary to have any arguments. However, the meaning differs as
follows.

In the NOTE statement (just defined) matrix references and variables appearing in e need not appear as
arguments. The processor merely uses e wherever f[ (a[, a]:-*) ] is referenced in the source program.

For example, to use a statement function that expresses a matrix product we would write

PROD(A, B) = A*B
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where the arguments are necessary. However, in the NOTE statement we may write
NOTE: PROD = A*B

Then, wherever ‘PROD’ appears, ‘A*B’ will be used.

5.2 Intrinsic Functions

Certain functions of repeated use by many programmers have been specified by FORTREV to be intrinsic.
There are two ways this idea is exploited in our proposed enhancement: (1) extension of scalar functions to
allow matrix arguments, and (2) specification of new intrinsic functions for matrices.

5.2.1 Extension of Scalar Functions

If f is a function of a scalar, then this extends to F(A), where A is a matrix reference, and F now becomes
a matrix reference. This is to be interpreted by defining the (i, j) element of F(A) by f(A(i, j)). For example,
ABS(A) defines the matrix (of arithmetic type) whose elements are the absolute values of the associated
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