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This paper gives an extensive tabulation of one- and two-dimensional inverse Laplace
transforms of complete elliptic integrals.
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Introduction

In a recent statistical study of radio wave propagation by the author,' a need arose fre-
quently for inverse Laplace transforms of elliptic integrals. Although comprehensive tables
of Laplace transforms and inverse transforms are available,”> none was sufficiently extensive
for the present purpose. It was therefore decided to extend and systematize those parts of
existing tables pertaining to complete elliptic integrals, and the present paper is the outcome
of this endeavor. A substantial portion of the results is believed to be new.

Throughout this paper, we are adhering to the notations for special functions given in
the Bateman Memorial Volumes.? The complete elliptic integrals denoted by K(k), E(k),
B(k), C(k) and D(k) are defined as follows:

K(k)=ﬁ m=§ oy 5 3 ilg k2>:
E(b)= ﬁ VI=F sin? 6 do—7 2Fl<_%, %; 1;k2>,
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These functions are connected with each other by the following relations: *
K=D-+B, 2D=K-+k*C, E=(1+k"*)B+k"k2C,
K=2B-+kC, E=Fk'*D+ B, (A+k"H)K=2E+kC,
D=B+kC, E=k"?K+k*B, (1+k"*)D=E+k*C,

where we omitted the argument and k&’ is the complementary modulus: &’ =+/1—kZ.
In this paper, a,b,c are always positive, p,q are always real, and all results are extend-
ible by analytic continuation. The letters DP, ET I, OB, and VD refer to the references given

at the end of the paper.

Part I. One-Dimensional Inverse Laplace Transforms

1. Inversion Formulas for K(k)
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4 Jahnke, Emde, and Losch, Tables of Higher Functions (Mc Graw-Hill Book Co., New York 1960), p. 67.



Part I. One-Dimensional Inverse Laplace Transforms—Continued

1. Inversion Formulas for K(k)—Continued
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Part I. One-Dimensional Inverse Laplace Transforms—Continued

1. Inversion Formulas for K(k)—Continued
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Part |. One-Dimensional Inverse Laplace Transforms—Continued

1. Inversion Formulas for K(k)—Continued
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2. Inversion Formulas for E(k)
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Part I. One-Dimensional Inverse Laplace Transforms—~Continued

2. Inversion Formulas for E(k)—Continued
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Part |. One-Dimensional Inverse Laplace Transforms—Continued

2. Inversion Formulas for E(k)—Continued
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Part I. One-Dimensional Inverse Laplace Transforms—Continued

2. Inversion Formulas for E(k)—Continued

1

P 5@ e @1 60 —BLo (@), (b0)
2+/ab
E e ]
X (4p2—<a—b>2)
p>a+b
2.22 B T t1,(at)], (bt
[p*— (D) Wp—(a—b) g 1o(eh Y
2+/ab
E e e
X (4p2—(a—b>2)
p>a+b
2. 23 __ T Lo (at) Iy (bt)+at ], (at)], (bt
P — @+ b W — @by’ oGO Fah ek 00
2+/ab +bt1,(at)l,(b2)]
E R
X (Jpz—m—bv)
p>a+b
p2+a2_b2 E
2.24 = 5 1o (b) [ 1o (at) +2at I (at)]
2+/ab
.E e e
X (¢p2~(a—b>2)
p>a+b
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Part I. One-Dimensional Inverse Laplace Transforms—Continued

3. Inversion Formulas for B(k)—Continued
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Part I. One-Dimensional Inverse Laplace Transforms—Continued

3. Inversion Formulas for B(k)—Continued
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Part |I. One-Dimensional Inverse Laplace Transforms—Continued

3. Inversion Formulas for B(k)—Continued
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Part |. One-Dimensional Inverse Laplace Transforms—Continued

4. Inversion Formulas for C(k)—Continued
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Part |I. One-Dimensional Inverse Laplace Transforms—Continued

4. Inversion Formulas for C(k)—Continued
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Part 1. One-Dimensional Inverse Laplace Transforms—Continued

5. Inversion Formulas for D(k)—Continued
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Part I. One-Dimensional Inverse Laplace Transforms—Continued

5. Inversion Formulas for D(k)—Continued
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6. Some Inversion Formulas for Mixtures of K(k) and E(k)
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Part 1. One-Dimensional Inverse Laplace Transforms—Continued

6. Some Inversion Formulas for Mixtures of K(k) and E(k)—Continued
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Part !l. Two-Dimensional Inverse Laplace Transforms
7. Inversion Formulas for K(k)
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

7. Inversion Formulas for K(k)—Continued
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Part ll. Two-Dimensional Inverse Laplace Transforms—Continued

7. Inversion Formulas for K(k)l—Continued
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

7. Inversion Formulas for K(k)—Continued
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1 1 —
7.24 (oot ay =7 2\/@10(2%/95_1/) cosh (2b+/zy)

XK( wﬁi@—bzﬁ

>0, ¢>0, pg>(a+b)?

B 1 a |72 1 -
7.25 | ( )U‘*K([—lli—}:l ) = (Y] Rty
Pq % Vpq 4+

p>0, ¢>0, pg>a’
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

7. Inversion Formulas for K(k)—Continued

L (ay) 9 [cos (2a+)+ sin (2avzy)]

>0, >0, pg>a*

o (i ial]) |
p>0, ¢>0
7.27 p*‘/‘*K([al—\/%}]l/z) 2ﬁ; <1>[xy3(x1+y)3]m
p>0, g0 *
Gl |
>0, ¢>0
7.29 qu (l:%{l—\/l—g—;}]m) nga (i’ %1, 1, l;azxy>
>0, ¢>0, pg> o
7.30 m[f([%{l—\/l——?—;]]w) 2F3 ;l,l,l,axy>
>0, ¢>0, pg>a’
7.31 (pq)—”‘*K([%{ ‘/1—1‘%}]”2) 2r2( ) (2y) ~341o(2axy)
>0, ¢>0, pg>d* !
7.32 %Kq% {1—\/%”1/2) - (4> (zy) 4 1o(2a+/zy)
p>0, >0, pg>a?
o Le(Ug]) e
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

7. Inversion Formulas for K(k)—Continued

1 1
7.34 [(pg— >+ b°)*+4a’pq]™: m Jo@‘h/ﬂ/) cos (26\/@)

1 pq—a2+b2 }]1/2)
K(|zh—
X <[2[ v (pg—a*+b%)>+4a*pq

p>0, ¢>0
1 1 — ‘ _
7.35 [(pg—a*—b%)*+4a2pq]/: % J0(2a,\/xy) cosh (2b\/xy)
1 pq a? b2 1/2
<k ([ 3f- )
21 V(pg—a*—b*)*+4a*pg
p>0, ¢>0, pg>b*
8. Inversion Formulas for E(k)
ﬁ ﬁ e~ f(x, y)dady S, y)
8.1 | (-~ >0, ¢>0,pg>a | T F(—l»l;l 1 l'a"’xy)
C »q '\/?Tq P ) ’ 22 3 2°9 RSO
_1l ple , . 2 >
8.2 pq—azE(\/ﬁ) p>0,¢>0,pg>a 2F3<2 2:1 1, 1; a*xy

pr 1
8.3 | VI E(\%) p>0,¢>0,pg>a" | 5 = 1(2aay) +ali(2ayay)

(pg—a?)
8.4 @—_% E (ﬁ) \/ g 1,(2a+/zy)
2>0,¢>0,pg>a’
8.5 _QTE(\/—Q> 2>>0, ¢>0 ://1%7
8.6 qul+a2 E( \/p_q(:—az) p>0,¢>0 \/ Jo(2a+/zy) —aJ (2a+/zy)
8.7 quZ+a2E(\/p;+a2> p>0,¢>0 \/gJo(m\/E/)
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

8. Inversion Formulas for E(k)—Continved

8.8

1 a
E >0, ¢>0
v pq(pg+a?) (x/pq+a2) o !

’—2'2F3<%:g;1, 1, 1; —a?xy)

8.9

Vpite g

0, ¢>0
(pg)*?* qu+a“’) p>0, 4>

22F3< 2 2:1 1 1 GQIy)

1 [4a~/pq]'2
Wpi—a)(Wpi+a) 2 en,)

p>0,¢>0, pg>a’

2+xylo(2a+/zy)

8. 11

» [4apq]”
(*pa—a)*(pg+a) E( Vp-ta )

p>0,¢>0, pg>a’

\/g [1o(2a+zy) 4 22y, 2a/zy)]

pq [4a+/pq]'”?
wp—q—aywp—wa)E( Vpit+a )

p>0,¢>0, pg>a’

1 .
oy LT ezl o(2a+/zy) +2al,(2a~/zy)

8.13

1
V(pa+ ab+e)+(ag—pb)?

PPq+qa’+pc?
[(y9+ab+c2) + (aq—pb)>*—4abc?)

( 2¢+/ab )
V(pg+ab+ )+ (ag—pb)?
»>0,¢>0

5 UJo(az) Jo(by) Jo(2evzy)

1
V(pg—ab—c)'—

P*q—qa’—pc*
[(PQ+ab+cz)2—(aq—pb)2 4abc?|

2c+/ab
XE (J (pg—ab—c?)*— (aq—pb)"’)

p>a, ¢>b, (p—a)(g—0)>¢

(ag—pb)?

5 ¥lo(ax)Io(by)1o(2cvzy)
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

8. Inversion Formulas for E(k)—Continued

- 1

[(pg—a)+ b1 [(Vpg-+a) =+

([ caiarre] )

p>0, ¢>0, pg>a’

%L, (2ayzy) sin (2b+/zy)

P
[(pg—a)*+62[(Vpgt+a)*+ 071

“([mrie] )

p>0, ¢>0, pg>a*

Ve 10mm) cos )

4 120v) sin (2045) |

rq
[Wpg—a)+b2 [(Vpg+a)>+ 2]

“#([dre] )

p>0, ¢>0, pg>a*

l R
oy L (2avzy) +4avzy I, (2a+/zy)]

X cos (2bvxy)

20 (= Dy Lo (2a) sin (2047)

1

[Vpg—a)* =82 [(Vpg+a)*—b?]""2
X E( 4a~pq

»>0, ¢>0, pg>(a+b)®

(w/p—q+a)2—b2]m)

%10 (2a+/7y) sinh (267y)

4

[(Vpg—a)* b2l [(Vpg-+a)*—b2]”

(w/p—f%g—b?]w)

>0, ¢>0, pg>(a+b)*

x5 (

\/?;/El: o(2a+/zy) cosh (2b+/zy)

i %[1(2(“/@) sinh (2b@):|

[(Vpg—a)*—b*| [(Vpg+a)*—b?]12

4a\/17q

1/2
(w/z_)i+a)2—b2:| )
>0, ¢>0, pg>(a+b)*

xB(

ﬁ[zo (2a77y) +4avzy I, (2ay/zy))]

% cosh (2b+/zy)

t2a( 44 L eyl 20m) sinh (26)
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

9. Inversion Formulas for B(k)

0 0
i _1_ 1J0(2\/1'?/) z 10(2\/93?/)
SR e B(pq> p>0,¢>0,p0>1 | 2 = =
1) 2 1a(2ay)
IR vz
1 a o || & 11. L
9.2 ITQB(Q_E) p>0,9>0,pg>a* | 1.F4(5'552 1, 1,azy>
1 a , 3
9.3 WB(@&) P>0,Q>0,p9>a 2F3 ’2, L Il axy>
1 a : 1 _
e @B<w/—p_q_) p>0,0>0,p¢>a | go.1(2avzy)
\/pq (__ 2 _ 1
95 G- B\Jpg) P70 e>0pe>0 [a+ 4my]11(2a\/x_y)
Vp (ﬁ_) y
9. 6 e — e I 2 Iz 2
(pq—a"’)\/qB w/pg 1/ [ o( a\/zy)—{- ( aw/xy)]
p>0,¢>0, pg>a’
1 a 1 S
9, 7 ——:B(*—;) —Il
(pg—a*)Vpg  \Vpg o 11(2axy)
p>0,¢>0, pg>a’
1 \/5
: ——B( 1—2) 10 (1 . L
> 1 3p \/ P S ===y
1 \/"
: B _2) p>0,¢>0 | VY
"0 e ( 2 Vrz(z+y)
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

9. Inversion Formulas for B(k)—Continued

1

Sl

I (s 0, ¢>0 — [Jo(2a+/zy) — J,(2
v pg+a? (w/pq—i—aZ) p>0, 4> 4\/xy[ (2avzy) = 72(2avay)]
9.11 1 a 1 —
B 0, >0 | =— J,(2
qVpg+a? (x/pq+a“’) P20, 020 | 5 Ji(2arfzy)
9.12 1 a T (13
B 0, >0 | 2.F3(57552,1,1;—a’
Vpe(pg+a?) <\/PQ+a2) 220,420 | 3<2 2 “y)
.13 1 L 1 Jo(2vizy) 2 1,(2vizy)
B >0, 0 | =Lo\oVve
VP +1 <x/p292+1) B Ve
1 :(2Vizy) @ I(2izy)
4 = Yz
VD 248 (7), DP 464 (53.6)
9.14 MB([E{I L_}:Im) L( )= 1/4g22avzy
VpgFa = iVm Ve e
>0, >0, pg>a®
9.15 p14 ( I:l{ &l]‘”) 1 T 1/4
Vpt+g 2 \/p 2421 (g)[y(xﬂ/)]
>0, ¢>0
9. 16 pus ([1{ 6}]1/2) 1 y 1/4
VeWpt+vg \L2 \/p 92T (g)l:x(xﬂ/) :|
>0, ¢>0
9.17 1

VpaWpgtvpg—a)

xa( (a5l )

>0, >0, pg>a’

18~r2F3 <%:%;2, 1,1; a?xy)
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

9. Inversion Formulas for B(k)—Continued

1

T HIRD
Ofigh e S F (22521, 1; 2
Vpg—a*(Vpg++pg—a?) 8 <4 4 “y)
1 0/2 1/2
XB([i{l—\/l‘ﬁ}] )
p>0,¢>0,pqg>a?
(pg)~'* N .
9.19 | ——t— o 34T, (2
(Vpg++pg—a?) 8I‘2<%)a(xy) i)
1 . _(1/_2 1/2)
XB([ﬁ{l \/1 qu
£>0,9>0,pg>a’
1 T
. ——— ——— ?Ilz
*2 | G tpi—a) 1oy (V)
) l . _a_2 1/2
x2([31-vi-2i]")
p>0,¢>0,pqg>a*
Vp AR X O o Y—— 8 (o)
9. 21 x/i(\/p—q+\/W)2 4aiI1(G\/$y)[lo(a\$Z/) 2a\/xyll(a‘/xy)]
‘ ; 1 _a_z 1/2
xz([5{1-1-21 ")
p>0,¢>0,pg>a’
9.22 : o J,(2avag) cos (2bvap)

[(pq_a/2+b2)2+4a2pq]1/4

X P
pg—@*+b*++ (pg—a’+b*)’+4a’pq

1 pq_a2+bz ]]1/2)
B(|:h—
X ([2{  (pg—a*+b%)>+4a*pq

p>0,9>0
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

9. Inversion Formulas for B(k)—Continued

9.23

1

[(pg—a’+b%)*+4a*pg]' 8aw/11/[ a{Jy(2a~/zy) — J2(2a+/zy))
Pq X cos (2b+/zy)
" PP pg—at P dapg ! _
1 pq_a2+b2 1/2 —2b J1(2a\/-£/) sin (be/xyﬂ
x3{[3ft- 1)
21 V(pg—a*+b)*+4a’pg
»>0,¢>0
1 1 -
2 [(pg—a*—b%)*+4a’pq]'/* e J1(2a+/zy) cosh (2byzy)
X P -
pg—a*—b*+ (pg—a*—b*)*+4a*pq
1 pg—a’—b’ vz
)
21" V(pg—a*—b")*+4a’pg
p >0, ¢ >0, pg>b*
9.25 1 1 — -
’ [(pg—a*—b?)*+-4a’pg]'/* Sary lalJo(2a~/zy) — T (2a+/zy)}

> 7q
pg—a*—b*++ (pg—a’—b*)*+4a’pg

-

pq_02_62 1/2
v (pq—a2r5’)2+4a2pq}] )
p>0, ¢ >0, pg >b*

X cosh (2b+/zy)
+2bJ1(2ay/zy) sinh (2b/zy)]

10. Inversion Formulas for Cl(k)

[ [ et pdady @, y)
0 0
1 1 1J, (2Vry) £ 1, (24zy)
10.1 —0(—) 0, >0, pg>1 2
7¢“\og 2>0,9>0,pg>1 | 5 7z 7z
10. 2 iC’(-a:> p>0, ¢>0, pg>a® 12F3 ;3 1, 1;a xy)
P4 \Wpq 16
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

10. Inversion Formulas for C(k)—Continued

10. 3 d):qO(%) p>0, >0, pg>a’ —2\/—196—11[% (2ax/x_y)—27‘l/~x:11 (2a+/zy)
— fanay 1+ o) — \/_13(2ax/xy):|
10. 4 ﬁc(ﬁ) | p>0, >0, pg>a’ 2@%@12 (2av/zy)
10.5 WF}—QEO'(\_/;:Q) >0, >0, pg>a’ Elﬁl:ﬂ, (2ax/x_y)—(7?;_ylz (2aa/@)]
10. 6 ‘/iz? O(X/T%) p>0, ¢>0 ‘%
10.7 #m 0( E) 47’—2711 2izy)J, W—27zy)
>0, 420, pg>1

0.8 | +faﬁ)mo( x/p—q(:??) p>0, ¢>0 ﬁ/ Jx(2a+77)
109 | Gtamt(=rm) P00 | g2 eem) o) |
10.10 | o ﬁfﬁ)wc( \/p_q%) p>0,4>0 | \/_[JO (2a+/zy) — 3@ J, (2a+zy)

~ gty o) = o) |
10.11 (pq@%mc(\/ﬁ) p>0, >0 2F3 : ,3 1,1;—a2xy>
o (p?q?il)m’o(w/zﬁ) 20, >0 ;Jz(i/wi%xy)xlg@://;—x_)

VD 248 (9), DP 464 (53.7)
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

10. Inversion Formulas for C(k)—Continued

2 [4@\/ﬁ]1/2) 1 —
10.13 | —==2 30( v =—1,(2a
Wpg+a)* \ Vpgte 8oz 11 o)
>0, ¢>0, pg>a’
2 1 - —
10. 14 ((Wpzta) 15" %Il (2avzy) cos (2byzy)
4aypq ]1/2>
ClE e e
xo( Wpat o)+
>0, ¢>0, pg>a*
2 1 . — .
10. 15 ((Vpata)—o" %L (2a+v/zy) cosh (20+/zy)
4avpq ]‘/2)
C 7 %% 1s
. ( Wpg+a) —b?
p>0, ¢>0, pg>(a+0b)*
1 . o
10. 16 [(pq+ab+02)2+ (ag— pb) ¥~ WJI (ax)d, (by)Jz(%\/ry)
0 ( 2c+/ab )
V(pg+ab+c*)*+ (ag— pb)®
>0, >0
10. 17 ! sy (an), (), (2eyay)

[(pg—ab—c*)*—(ag—pb)*]**
20\/%
X
(\/ (pg— ab—c*)*— (aq—pb)2>
p>a, b, (p—a) (qg—b)>c’
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

11. Inversion Formulas for D(k)

[ ] e @, wy sy 7@ )
0 0
1 1 1 Jo(2+ay) z I,(2vzy)
~D(= 0, >0 1|2 v !
11.1 qu(pq> p>0, ¢>0, pg> T * 7
41 Jo(2vzy) x I(2v/zy)
4 Lz N
11.2 p—lq D ( &) >0, ¢>0,pg>0* | T .F, (% g; 2,1, 1; wm:y)
1 a , 2 1 —
11.3 = D <\/E> p>0, >0, pg>a e [Io(2avzy)+1:(2a+zy)]
1 a 1
114 D h—r——t 7 >O, >0, >a/2 _’—Il 2
a6 B L Xl PR
1 q Vy
\/p \/ P p>0,¢ 2\/1rx(x+y)3
1.6 | L D( 1_2) p>0, ¢>0 A
Vp? \/ P Zad s Vmy(z+y)
1 a 1
. >0 NS oy
T w/p9+a2D(qu+a2) P20 0 | oy Si20ie)
11.8 ) D( a—) p>0, >0 | L Ji(2047y)
c (pg+ a?)*2 x/pq-i—a"’ ) a
_»  pf_o vy =) — Ju(2amn
pq a 1 _ —
11.10 (pgta)” D (\/W) p>0, ¢>0 |:4axy ]J1(2a\/zy)
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

11. Inversion Formulas for D(k)—Continued

11. 11 (pq\-/fgz)wD(\/ﬁ) p>0, ¢>0 £2F3 ,2 1,1; azy)
1 & @ 11, —
11.12 \/pq(pﬁﬁ)D(\/pﬁaz) p>0, ¢>0 42F3<2 572 L1 axy>
1 1 1Jo(2+/7ay) xIO(Z\/zxy)
11.13 D >0, ¢>0 2
Ve (vpﬂq%t-l) Sl I = Vz
1 J2(2\/7,xy) a; 1 (2\/zxy)
4 Ve
VD 248 (8), DP 464 (53.8)
1 v@y—a> 2v/zy -
11.14 | —— . p(X42 0, ¢>0 /
(e o0 | BERGE)
1115 | o vp_;; a)gp(j%:;) p>0, ¢>0 fj’i | Ko(2a/2y) —2a+/zy K, (20/zy)]
11.16 ( Vji )apr’_q:L“) p>0, ¢>0 %IT@[(HM%?/)KO@WE/)
pyta pyta
—da~zyK,(2a+/zy)]
1 a
11. 17 S T g ) (S
(Vpgt+a*++pg)’ QM+M+@J &Q@Jﬂm@b
>0, ¢>0
.18 | —— P pp LA T J(avzy o L N
(Wpgt+a®++pg)’ b (w/pq+a2+ w/pq) Saz 7 (V%) [JO(WW) 20z
2l X(ava) |
11. 19 S— 17( S ——)
‘ (Vpa+a*+vpg)** " \Vpg+a*++pg

p>0,¢>0

— o (o)~ (20+/2y)
sﬁr?(g)a

35




Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

11. Inversion Formulas for D(k)J—Continued

(pp) " pf— % - 2F3
120 | o e (rrsers) | s e a0t o)
>0, ¢>0
(p9*"* T (2. o,
11. 21 \/p_q—}-az(\/p—q-i—\/PQ‘}’az)m 8\/§ 4’ 4: ; : 13y>
Df—%
X (w/pq+qu+a2)
>0, ¢>0
1 1 . .
11.22 (ot o)t " ;I—)Ko(za@) sin (2b+/zy)
(\/ﬁ—a)2+b2:|”2
D £/ TP
X ( (pg+a)*+b? )
>0, ¢>0
P /| K, 2b
11.23 [(@-Fa)?—kb?]m 7.-\/ [ (2a\/xy) cos( x/:xy)
%D ([%ﬁi—ii—]’) 9, (2ay) sin (21;@)]
p>0, ¢>0
g
11. 24 [(Vorta) o ﬁ[{Ko(Zaﬁ) davzy K, (2a+/zy)}
MJ“ X cos (2by)
<D (| e )
20, >0 ———) K,(2a+/zy) sin (2szy)]
11. 25 ! 7;13 K,(2a+/zy) sinh (2b/zy)

[(\/E_*_a)z_bz]a/z

BT

p >0, ¢ >0, pg >b*

o
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

11. Inversion Formulas for D(k)—Continued

P vy _ _
11. 26 [(Vpata)—bF" ﬁE[KO(Qa\/xy) cosh (2b+/zy)
(vpg—a)*—0* "2) . —
XD< [W —% K,(2a+/zy) sinh (2bx/xy):|
p >0, ¢ >0, pg >b?
y4'
11.27 [(Vpg+a)— b2 o ”[{Ko(%\/w?/) dav/ry K,(2av/zy)}
( _(l/p_q a)?— b2]1/2 X cosh (2b+/zy)
| (arars) ) . b _
>0, ¢ >0, pg b +2¢1<5+5>K0(2a\/@) sinh (2bx/xy)]
12. Some Inversion Formulas for Mixtures of Complete Elliptic Integrals
[ ). emerpa, ydady @)
o Jo
12.1 | (pg+a*)~*" 2y Jo (2a+/zy)
oF K-—ﬂ—)}
X{ (qu+ai) (VPQ+02
p>0,4>0
122 | (pg+a?)= ()~ [cos (2ayzy) F sin (20477)]

(sl ])
(gl

p>0,¢>0

Vr
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Part Il. Two-Dimensional Inverse Laplace Transforms—Continued

12. Some Inversion Formulas for Mixtures of Complete Elliptic Integrals—Continued

12.3 | {(pg—a*+b)*+4a’pg} %Jo(&wﬁ) sin (2bv/zy)
XPE(B’1—x/(qu<qz;alj$i4a2pq}]”2)
_K<[al_V(qui;a;:)r“’zz—ﬂltqu}]m)}

p>0,¢>0
12. 4 Vﬁ%xﬁiﬂzﬁ) 50 1o (avay) I (avzy)
x<x([ sh-v-5l ")
B35 ] )
p>0,9>0,pg>a
2.5 | T " 1)
ax([hvgl) S—
<355l ])
p>0,49>0,pg>a?

12.0| - 41#75 s ® Y e — i)
e e e g a3

p>0,¢>0

1.7 | AT T To(ayz) 1 (ayz7)

K(mT;+ @_q) b <¢E?Z2+¢p_q>
p>0,4>0
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